(6)
(c) What is electronic specific heat of a metal? Show that
the electronic specific heats of a metal at very low
temperature can be represented as

C, = %nzNKB%

where the symbols have their usual meanings.

How can you separate lattice specific and electronic
specific heat from the measured specific heat of a metal?
3+3+4

* %k Kk
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Group—A

Answer any two questions : 10x2=20

1. (CO1, CO2) (a) Let us suppose that {¢,(r)} forms a
complete orthonormal set of single-particle basis states and

T= Zyzl T; ,asum of one-particle operator, 7} Show that T’

satisfies the relation,

T ¢an (7”1) ) '¢vnN (rN)> :z z vaasva,vnj ¢vn1 (7”1) ’ '¢Vb (rj) ’ ‘d)v”N (I’N)>,

J V%
Where T,,, = (b, (r)|T; b, (r)).
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(2)
(b) Show that in the second quantization representation, T
could be expressed as

r=yT1,,C C,

Va¥b v,
VaVb

(c) By using the single-particle momentum operator,
p=—ihV , in first quantization, obtain the second
quantized many-particle momentum operator in the

momentum eigenket basis states, i.e., P = Zkhk a};ak .

(d) Show that the second quantized form of density operator
p(r) =8(r —r") in momentum eigenket representation is

() == 3| Sefersq €97 ==Y plg)e”,
o \% ",

where p(q) =)’ k c};ck g is the Fourier component of
p(r). 34+3424+2=10

(CO3) Consider the SSH model,
Hsspy = X[ takb, +bia,)+1(Bla,, +af, b))

n

(a) Express the Hamiltonian in the momentum space by
using the Fourier transform of the operators as
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(b)

(c)

(b)

(c)

3. (a)

(b)

(S)
Find the matrix of transformation for the indices between
the conventional hexagonal unit cell and the alternative
orthorhombic unit cell. Draw the necessary diagram.

For diffraction of X-rays from a set of crystal planes if
k is the wave vector of the 1nc1dent wave and k' is
that of the reflected wave and g is the reciprocal lattice
Vector then prove the following relation:
2%. g +g2=0. 4+2+4

Show that density of state function of a crystalline solid
in 2D is independent of energy.

Explain qualitatively the variation of density of states of
2D and 1D solids with energy clearly explaining the
nature of plots.

How can you experimentally verify the above types of
density of states?

Consider a triangular lattice in two dimensions. Find the
first Brillouin zone. Given an arbitrary wavevector £ (in
two dimensions), write an expression for an equivalent
wavevector within the first Brillouin zone. 3+5+2

Clearly explain the geometrical construction of
reciprocal lattice. What are the advantages of going to
reciprocal space?

@2n)’ |

b

Show that the volume of the first Brillouin zone is

where J, is the volume of crystal primitive cell.
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(3) (4)

(b) Obtain the expressions of (i) eigenvalues and (a) Construct the total antisymmetric wave functions in terms
(ii) eigenvectors. of spin singlet and spin triplet states as
(c¢) Show that the expression of Pancharatnam-Berry phase Wi, 01,7y, 05) = V(1. )xs (01, 02),
of one eigenvector is U v, (1, )y (o1, 02),
y:lgﬁ /2 4t cosk ” and write the expressions of Wy (7,7), ¥,(1,r),
272 412 v 2t cosk %s(01,62) and %,(51,67)

3+(2+2)+3=10 o )
(b) Show that the normalization constants for the symmetric/

antisymmetric spatial wave functions can be written as
3. (CO4) Consider the formulation of valence-bond (Hitler-

1
London) theory on the hydrogen molecule (H,), where the Ny = NN
relevant Hamiltonian is 2 (1 +[Sy )
H(r, 1) = Hy () + Hg (1) + Hin (11, 1), where the symbols have their conventional meanings.
and (c¢) Show that the energies of the singlet/triplet states are
respectively,
__hg2_ @
Hy()=—5_Vi —ra] Ey =2Ey+2N3(C+J)
B2, eg The symbols have their conventional meanings.
HB(}’z):—EV2 _—|f'2 —I’B| 3+3+4=10
% . @ & __a
Hii(ry, 1) = + - - , Group—B
met n=nl| lra=rp| |n-rpl ln—r4|
2
eg - 46 1. (a) Suppose (hkl) are the_)Mille_{ Indices of a set of planes
€ with respect to axes a, b, ¢ the initial unit cell. Find

the Miller indices (4'k'[") when referred to another set
of axes a'b'¢’ (rotated by some angle) of the

Symbols have their usual meanings. .
transformed unit cell.
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